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The Teichmüller TQFT

Faddeev’s quantum dilogarithm: (b ∈ C s.t. ~−1/2 = b + b−1)

Φ~(x) := exp

(∫
z∈R+i0+

e−2izx dz

4 sinh(zb) sinh(zb−1)z

)
Tetrahedral operator : p~(T )(α) ∈ S ′(RX2),

x 7→ δ (x0(T )− x1(T ) + x2(T )) e2πiε(T )x0(T )(x3(T )−x2(T ))e
α3(T )(x3(T )−x2(T ))

~1/2

Φ~

(
(x3(T )− x2(T ))− i

2π~1/2 ε(T )(α2(T ) + α3(T ))
)ε(T )

Partition function of the triangulation X :

Z~(X , α) =

∫
x∈RX2

dx
∏
T∈X3

p~(T )(α)(x) ∈ C


