
An example: (X ,G) of type (C3,A5)

X as the fixed points subgroup of a graph automorphism of G

α1 α2 α3 α4 α5 β1 β2 β3

α1|TX =α5|TX =β1 α2|TX =α4|TX =β2 α3|TX =β3

Let {λi } denote the fundamental weights in X (TG)+.

λ= (p−1)λ3 ∈X (TG)+ =⇒ LG(λ)|X = LX (λ|TX )/LX (λ|TX −β2 −β3)/...?

LG(λ)|X is self-dual. If ∃ third composition factor then ∃ maximal vector for
L (BX ) of weight θ ∈X (TX )+ and θ 6=λ|TX ,λ|TX −β2 −β3.
By the proposition, if

mLG (λ)|X (λ|TX −α|TX )=mLX (λ|TX )⊕LX (λ|TX −β2−β3)(λ|TX −α|TX )

mLG (λ)|X (λ|TX −α|TX −β2−β3)=mLX (λ|TX )⊕LX (λ|TX −β2−β3)(λ|TX −α|TX −β2−β3)

for α ∈R(G)+ \ {α0} =⇒ LG(λ)|X = LX (λ|TX )/LX (λ|TX −β2 −β3).
Same arguments works for (X ,G) of type (Cn,A2n−1).
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